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[Part Il. Reduction]
II.1 Variation of Hodge Structure (VHS)

g: N — (™, s)  : ewmooth, Pm('\&cft"\& WS . YXo=X
B: swooth, wecR), quogi—pRRatTie.
~ (KB e V) 2 VS e B
CHA Hedee bundle, Wi = R*(X,. ). beB
‘ ?‘_" RS U ) =40 TR o HQ-ﬁ(Y*"Q‘;b).

2P
C G - rafer stetue. Rl e B (@)
V : l}{“ ___,,"}(f@&; 1 G—lauss - 'V{Q.n?n QD”"QC{ZM .
Hodge locus (analytic local description)
Y e B2 (%o, ®). het We B - controddive nbh of o .
Lla :‘to‘\bloa'lc‘a\\ﬂ ol Y e PC’\AW'\?‘Q\ & HAOX@).

Deine e Hedoe Jscus
Hd, (U =1 bel | TO e (X 8)Y <K

3
Toc o gorond croice o ¥, i (Hdy. W) O (2 el class =0

Curves on surfaces

T dnaus U5 Colled o Neestver -l el \ocus Reloded rodctda T
e enumneralte, geairetny TS ée\\e&o‘pcl \"‘A
Tl LRryon- Le.lugfl .(MM-%\\OSPOJ&, ~Themos
T\em-Lad, [ Kol — Thovog), o=




®

1.2 Deformation of sheaves vs Hodge classes
X : smooth. prieeie, X4 | w e HOLQ) . viue ooy

DE;?("Q, on sgmme:k'r'\c, bi \tnear Torm
B, HIG) o R R — & 303, — gxzs}sl@) 0 WO

whee L R (Tx) ® W\ (-—Q-)LB — \-\a‘-M (-Q.?:\ T8 o oo
let O+ = rank(By) (& W30)

The key diagram (due to Bloch, Buchweitz-Flenner)

ler T - defor compler) on X Tt (D=0 b, (T) =Y. Then

MY () © B (TI),

o\o"
H3( Q)
S sp

R (T

ME) e BT, T O 0OK) Atk cless
- ob(5) = 3 (At(D) & el tenetic dostucin

. SR (_—) = 't(‘((-) v At(]:\) Qﬂm(mq\&lr Ynop >\dﬂﬂ‘1ﬂs&
. 2_(Y) = Corrockim (TVHE) & tedp freoitc olosinuciRon

Special feature of CY4 and (2,2) class

tr(oh(B) v (3)) =85 (3. 38)
= 0b PRS2MWS sgme*ﬁc bios s ad SR = &7 .




II.3 Reduced obstruction theory
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II.4 Deformation invariance
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[Part IIl. Moduli

[1l.1 Moduli of pairs

X : Smoofn pwojeciie vorety dm X > ¢

Hulbert schemes are. 4eo big beouse of e roowing POt CLfves

W aonsiler oMervofie Cmpockcorions Sollou T Ravaiande - Trome L
Par () =10k =F + h(Pi=v{  wodlls shack of poirg. dfea

T(F) < TW(F) < F :tosn Gliodin. Q= cokerds) .

%@) (Fs)is DT(EPT-1) skbe ¢ s s mffc\‘\_\e LT=02)
® (Fs)is P sioble. 16 WF1=0, dwmQ <0

@ ENs P sible, ¢ T(EA=0, dm& =4 (Fipwe
2 dwn)

open
PO =L(F - PTg shble, an(®=v§ 2 R X)),

Construction of moduli spaces

The (8P Tee e o priedie sdene N, weducie gmy G @ N
G- leovipfin L. Lo, L) suchtial | foeecsls w Sidiy Somiskide. o

N Lo G = ch\ [X) q=-1.0.1
Hence P\(,q) ) oxe pm;\ec\’\\g ond  comecied \)5 GYV wal -C_\'DQTY%.

Romork. of Baslence of DT (Grohended ) , PT, (Le Rifr) & fron,
Maduli spoces of Wn—pure. sheaios & ot mauch studied . Tie @nstudiin ot T
Seerms Wi .

b/ Our asnsthruchim i atoded, \’1') [Q%P?Q~T‘rmmosj
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IV.1 DT/PTO correspondence
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V.4 Structure of PT1 invariants
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